
Lecture 14: Color

CPSC 425: Computer Vision 

( unless otherwise stated slides are taken or adopted from Bob Woodham, Jim Little and Fred Tung )



Menu for Today (February 26, 2019)
Topics: 

— Colour 
— Colour Matching Experiments

Redings: 

— Today’s Lecture:  Forsyth & Ponce (2nd ed.) 3.1-3.3 

— Next Lecture:       N/A

Reminders: 

— Assignment 3: Texture Syntheis is due on March 1st (11:59pm) 
— Grading for Midterm (by end of this week … hopefully)  

— Trichromasity 
— Colour Spaces
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Today’s “fun” Example: CVPR AC Meeting was Yesterday
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[ B. Zhao, L. Meng, W. Yin, L. Sigal, accepted to CVPR’19 ]
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<latexit sha1_base64="Sbo2ww/GDIm9l8j5YjXsFQN4ZvE=">AAAB8nicbVDLSsNAFL3xWeur6tLNYBFdlUQEXRbc1F0F+4A2lMl00g6dTMLMjVBCP8ONC0Xc+jXu/BsnbRbaemDgcM69zLknSKQw6Lrfztr6xubWdmmnvLu3f3BYOTpumzjVjLdYLGPdDajhUijeQoGSdxPNaRRI3gkmd7nfeeLaiFg94jThfkRHSoSCUbRSrx9RHAdhdj+7GFSqbs2dg6wSryBVKNAcVL76w5ilEVfIJDWm57kJ+hnVKJjks3I/NTyhbEJHvGepohE3fjaPPCPnVhmSMNb2KSRz9fdGRiNjplFgJ/OIZtnLxf+8XorhrZ8JlaTIFVt8FKaSYEzy+8lQ aM5QTi2hTAublbAx1ZShbalsS/CWT14l7auaZ/nDdbXeKOoowSmcwSV4cAN1aEATWsAghmd4hTcHnRfn3flYjK45xc4J/IHz+QMbzpEk</latexit><latexit sha1_base64="Sbo2ww/GDIm9l8j5YjXsFQN4ZvE=">AAAB8nicbVDLSsNAFL3xWeur6tLNYBFdlUQEXRbc1F0F+4A2lMl00g6dTMLMjVBCP8ONC0Xc+jXu/BsnbRbaemDgcM69zLknSKQw6Lrfztr6xubWdmmnvLu3f3BYOTpumzjVjLdYLGPdDajhUijeQoGSdxPNaRRI3gkmd7nfeeLaiFg94jThfkRHSoSCUbRSrx9RHAdhdj+7GFSqbs2dg6wSryBVKNAcVL76w5ilEVfIJDWm57kJ+hnVKJjks3I/NTyhbEJHvGepohE3fjaPPCPnVhmSMNb2KSRz9fdGRiNjplFgJ/OIZtnLxf+8XorhrZ8JlaTIFVt8FKaSYEzy+8lQ aM5QTi2hTAublbAx1ZShbalsS/CWT14l7auaZ/nDdbXeKOoowSmcwSV4cAN1aEATWsAghmd4hTcHnRfn3flYjK45xc4J/IHz+QMbzpEk</latexit><latexit sha1_base64="Sbo2ww/GDIm9l8j5YjXsFQN4ZvE=">AAAB8nicbVDLSsNAFL3xWeur6tLNYBFdlUQEXRbc1F0F+4A2lMl00g6dTMLMjVBCP8ONC0Xc+jXu/BsnbRbaemDgcM69zLknSKQw6Lrfztr6xubWdmmnvLu3f3BYOTpumzjVjLdYLGPdDajhUijeQoGSdxPNaRRI3gkmd7nfeeLaiFg94jThfkRHSoSCUbRSrx9RHAdhdj+7GFSqbs2dg6wSryBVKNAcVL76w5ilEVfIJDWm57kJ+hnVKJjks3I/NTyhbEJHvGepohE3fjaPPCPnVhmSMNb2KSRz9fdGRiNjplFgJ/OIZtnLxf+8XorhrZ8JlaTIFVt8FKaSYEzy+8lQ aM5QTi2hTAublbAx1ZShbalsS/CWT14l7auaZ/nDdbXeKOoowSmcwSV4cAN1aEATWsAghmd4hTcHnRfn3flYjK45xc4J/IHz+QMbzpEk</latexit><latexit sha1_base64="Sbo2ww/GDIm9l8j5YjXsFQN4ZvE=">AAAB8nicbVDLSsNAFL3xWeur6tLNYBFdlUQEXRbc1F0F+4A2lMl00g6dTMLMjVBCP8ONC0Xc+jXu/BsnbRbaemDgcM69zLknSKQw6Lrfztr6xubWdmmnvLu3f3BYOTpumzjVjLdYLGPdDajhUijeQoGSdxPNaRRI3gkmd7nfeeLaiFg94jThfkRHSoSCUbRSrx9RHAdhdj+7GFSqbs2dg6wSryBVKNAcVL76w5ilEVfIJDWm57kJ+hnVKJjks3I/NTyhbEJHvGepohE3fjaPPCPnVhmSMNb2KSRz9fdGRiNjplFgJ/OIZtnLxf+8XorhrZ8JlaTIFVt8FKaSYEzy+8lQ aM5QTi2hTAublbAx1ZShbalsS/CWT14l7auaZ/nDdbXeKOoowSmcwSV4cAN1aEATWsAghmd4hTcHnRfn3flYjK45xc4J/IHz+QMbzpEk</latexit>

Î
<latexit sha1_base64="Z8trNEa2Pi7+nrAVHObru6CLqps=">AAAB+XicbVBNS8NAFHypX7V+RT16CRbBU0lE0GPBS71VsLXQlLLZbtqlm03YfSmUkH/ixYMiXv0n3vw3btoctHVgYZh5jzc7QSK4Rtf9tiobm1vbO9Xd2t7+weGRfXzS1XGqKOvQWMSqFxDNBJesgxwF6yWKkSgQ7CmY3hX+04wpzWP5iPOEDSIyljzklKCRhrbtRwQnQZj5E4LZfZ4P7brbcBdw1olXkjqUaA/tL38U0zRiEqkgWvc9N8FBRhRyKlhe81PNEkKnZMz6hkoSMT3IFslz58IoIyeMlXkSnYX6eyMjkdbzKDCTRU696hXif14/xfB2kHGZpMgkXR4KU+Fg7BQ1OCOuGEUxN4RQxU1Wh06IIhRNWTVTgrf65XXSvWp4hj9c15utso4qnME5XIIHN9CEFrShAxRm8Ayv8GZl1ov1bn0sRytWuXMKf2B9/gAQCJPx</latexit><latexit sha1_base64="Z8trNEa2Pi7+nrAVHObru6CLqps=">AAAB+XicbVBNS8NAFHypX7V+RT16CRbBU0lE0GPBS71VsLXQlLLZbtqlm03YfSmUkH/ixYMiXv0n3vw3btoctHVgYZh5jzc7QSK4Rtf9tiobm1vbO9Xd2t7+weGRfXzS1XGqKOvQWMSqFxDNBJesgxwF6yWKkSgQ7CmY3hX+04wpzWP5iPOEDSIyljzklKCRhrbtRwQnQZj5E4LZfZ4P7brbcBdw1olXkjqUaA/tL38U0zRiEqkgWvc9N8FBRhRyKlhe81PNEkKnZMz6hkoSMT3IFslz58IoIyeMlXkSnYX6eyMjkdbzKDCTRU696hXif14/xfB2kHGZpMgkXR4KU+Fg7BQ1OCOuGEUxN4RQxU1Wh06IIhRNWTVTgrf65XXSvWp4hj9c15utso4qnME5XIIHN9CEFrShAxRm8Ayv8GZl1ov1bn0sRytWuXMKf2B9/gAQCJPx</latexit><latexit sha1_base64="Z8trNEa2Pi7+nrAVHObru6CLqps=">AAAB+XicbVBNS8NAFHypX7V+RT16CRbBU0lE0GPBS71VsLXQlLLZbtqlm03YfSmUkH/ixYMiXv0n3vw3btoctHVgYZh5jzc7QSK4Rtf9tiobm1vbO9Xd2t7+weGRfXzS1XGqKOvQWMSqFxDNBJesgxwF6yWKkSgQ7CmY3hX+04wpzWP5iPOEDSIyljzklKCRhrbtRwQnQZj5E4LZfZ4P7brbcBdw1olXkjqUaA/tL38U0zRiEqkgWvc9N8FBRhRyKlhe81PNEkKnZMz6hkoSMT3IFslz58IoIyeMlXkSnYX6eyMjkdbzKDCTRU696hXif14/xfB2kHGZpMgkXR4KU+Fg7BQ1OCOuGEUxN4RQxU1Wh06IIhRNWTVTgrf65XXSvWp4hj9c15utso4qnME5XIIHN9CEFrShAxRm8Ayv8GZl1ov1bn0sRytWuXMKf2B9/gAQCJPx</latexit><latexit sha1_base64="Z8trNEa2Pi7+nrAVHObru6CLqps=">AAAB+XicbVBNS8NAFHypX7V+RT16CRbBU0lE0GPBS71VsLXQlLLZbtqlm03YfSmUkH/ixYMiXv0n3vw3btoctHVgYZh5jzc7QSK4Rtf9tiobm1vbO9Xd2t7+weGRfXzS1XGqKOvQWMSqFxDNBJesgxwF6yWKkSgQ7CmY3hX+04wpzWP5iPOEDSIyljzklKCRhrbtRwQnQZj5E4LZfZ4P7brbcBdw1olXkjqUaA/tL38U0zRiEqkgWvc9N8FBRhRyKlhe81PNEkKnZMz6hkoSMT3IFslz58IoIyeMlXkSnYX6eyMjkdbzKDCTRU696hXif14/xfB2kHGZpMgkXR4KU+Fg7BQ1OCOuGEUxN4RQxU1Wh06IIhRNWTVTgrf65XXSvWp4hj9c15utso4qnME5XIIHN9CEFrShAxRm8Ayv8GZl1ov1bn0sRytWuXMKf2B9/gAQCJPx</latexit>

O
<latexit sha1_base64="DAwFCmBrqdRCclPO3g01PNx1rZ0=">AAAB8XicbVDLSsNAFL3xWeur6tLNYBFclUQEXRbcdGcF+8A2lMl00g6dTMLMjVBC/8KNC0Xc+jfu/BsnbRbaemDgcM69zLknSKQw6Lrfztr6xubWdmmnvLu3f3BYOTpumzjVjLdYLGPdDajhUijeQoGSdxPNaRRI3gkmt7nfeeLaiFg94DThfkRHSoSCUbTSYz+iOA7C7G42qFTdmjsHWSVeQapQoDmofPWHMUsjrpBJakzPcxP0M6pRMMln5X5qeELZhI54z1JFI278bJ54Rs6tMiRhrO1TSObq742MRsZMo8BO5gnNspeL/3m9FMMbPxMqSZErtvgoTCXBmOTnk6HQnKGcWkKZFjYrYWOqKUNbUtmW4C2fvEralzXP8vurar1R1FGCUziDC/DgGurQgCa0gIGCZ3iFN8c4L86787EYXXOKnRP4A+fzB8C8kPk=</latexit><latexit sha1_base64="DAwFCmBrqdRCclPO3g01PNx1rZ0=">AAAB8XicbVDLSsNAFL3xWeur6tLNYBFclUQEXRbcdGcF+8A2lMl00g6dTMLMjVBC/8KNC0Xc+jfu/BsnbRbaemDgcM69zLknSKQw6Lrfztr6xubWdmmnvLu3f3BYOTpumzjVjLdYLGPdDajhUijeQoGSdxPNaRRI3gkmt7nfeeLaiFg94DThfkRHSoSCUbTSYz+iOA7C7G42qFTdmjsHWSVeQapQoDmofPWHMUsjrpBJakzPcxP0M6pRMMln5X5qeELZhI54z1JFI278bJ54Rs6tMiRhrO1TSObq742MRsZMo8BO5gnNspeL/3m9FMMbPxMqSZErtvgoTCXBmOTnk6HQnKGcWkKZFjYrYWOqKUNbUtmW4C2fvEralzXP8vurar1R1FGCUziDC/DgGurQgCa0gIGCZ3iFN8c4L86787EYXXOKnRP4A+fzB8C8kPk=</latexit><latexit sha1_base64="DAwFCmBrqdRCclPO3g01PNx1rZ0=">AAAB8XicbVDLSsNAFL3xWeur6tLNYBFclUQEXRbcdGcF+8A2lMl00g6dTMLMjVBC/8KNC0Xc+jfu/BsnbRbaemDgcM69zLknSKQw6Lrfztr6xubWdmmnvLu3f3BYOTpumzjVjLdYLGPdDajhUijeQoGSdxPNaRRI3gkmt7nfeeLaiFg94DThfkRHSoSCUbTSYz+iOA7C7G42qFTdmjsHWSVeQapQoDmofPWHMUsjrpBJakzPcxP0M6pRMMln5X5qeELZhI54z1JFI278bJ54Rs6tMiRhrO1TSObq742MRsZMo8BO5gnNspeL/3m9FMMbPxMqSZErtvgoTCXBmOTnk6HQnKGcWkKZFjYrYWOqKUNbUtmW4C2fvEralzXP8vurar1R1FGCUziDC/DgGurQgCa0gIGCZ3iFN8c4L86787EYXXOKnRP4A+fzB8C8kPk=</latexit><latexit sha1_base64="DAwFCmBrqdRCclPO3g01PNx1rZ0=">AAAB8XicbVDLSsNAFL3xWeur6tLNYBFclUQEXRbcdGcF+8A2lMl00g6dTMLMjVBC/8KNC0Xc+jfu/BsnbRbaemDgcM69zLknSKQw6Lrfztr6xubWdmmnvLu3f3BYOTpumzjVjLdYLGPdDajhUijeQoGSdxPNaRRI3gkmt7nfeeLaiFg94DThfkRHSoSCUbTSYz+iOA7C7G42qFTdmjsHWSVeQapQoDmofPWHMUsjrpBJakzPcxP0M6pRMMln5X5qeELZhI54z1JFI278bJ54Rs6tMiRhrO1TSObq742MRsZMo8BO5gnNspeL/3m9FMMbPxMqSZErtvgoTCXBmOTnk6HQnKGcWkKZFjYrYWOqKUNbUtmW4C2fvEralzXP8vurar1R1FGCUziDC/DgGurQgCa0gIGCZ3iFN8c4L86787EYXXOKnRP4A+fzB8C8kPk=</latexit>

H
<latexit sha1_base64="y6UIlSXRZgD9e27DiUCwLf/y8P0=">AAAB8XicbVDLSsNAFL2pr1pfVZduBovgqiQi6LLgpssK9oFtKJPppB06mYSZG6GE/oUbF4q49W/c+TdO2iy09cDA4Zx7mXNPkEhh0HW/ndLG5tb2Tnm3srd/cHhUPT7pmDjVjLdZLGPdC6jhUijeRoGS9xLNaRRI3g2md7nffeLaiFg94CzhfkTHSoSCUbTS4yCiOAnCrDkfVmtu3V2ArBOvIDUo0BpWvwajmKURV8gkNabvuQn6GdUomOTzyiA1PKFsSse8b6miETd+tkg8JxdWGZEw1vYpJAv190ZGI2NmUWAn84Rm1cvF/7x+iuGtnwmVpMgVW34UppJgTPLzyUhozlDOLKFMC5uVsAnVlKEtqWJL8FZPXiedq7pn+f11rdEs6ijDGZzDJXhwAw1oQgvawEDBM7zCm2OcF+fd+ViOlpxi5xT+wPn8AbYZkPI=</latexit><latexit sha1_base64="y6UIlSXRZgD9e27DiUCwLf/y8P0=">AAAB8XicbVDLSsNAFL2pr1pfVZduBovgqiQi6LLgpssK9oFtKJPppB06mYSZG6GE/oUbF4q49W/c+TdO2iy09cDA4Zx7mXNPkEhh0HW/ndLG5tb2Tnm3srd/cHhUPT7pmDjVjLdZLGPdC6jhUijeRoGS9xLNaRRI3g2md7nffeLaiFg94CzhfkTHSoSCUbTS4yCiOAnCrDkfVmtu3V2ArBOvIDUo0BpWvwajmKURV8gkNabvuQn6GdUomOTzyiA1PKFsSse8b6miETd+tkg8JxdWGZEw1vYpJAv190ZGI2NmUWAn84Rm1cvF/7x+iuGtnwmVpMgVW34UppJgTPLzyUhozlDOLKFMC5uVsAnVlKEtqWJL8FZPXiedq7pn+f11rdEs6ijDGZzDJXhwAw1oQgvawEDBM7zCm2OcF+fd+ViOlpxi5xT+wPn8AbYZkPI=</latexit><latexit sha1_base64="y6UIlSXRZgD9e27DiUCwLf/y8P0=">AAAB8XicbVDLSsNAFL2pr1pfVZduBovgqiQi6LLgpssK9oFtKJPppB06mYSZG6GE/oUbF4q49W/c+TdO2iy09cDA4Zx7mXNPkEhh0HW/ndLG5tb2Tnm3srd/cHhUPT7pmDjVjLdZLGPdC6jhUijeRoGS9xLNaRRI3g2md7nffeLaiFg94CzhfkTHSoSCUbTS4yCiOAnCrDkfVmtu3V2ArBOvIDUo0BpWvwajmKURV8gkNabvuQn6GdUomOTzyiA1PKFsSse8b6miETd+tkg8JxdWGZEw1vYpJAv190ZGI2NmUWAn84Rm1cvF/7x+iuGtnwmVpMgVW34UppJgTPLzyUhozlDOLKFMC5uVsAnVlKEtqWJL8FZPXiedq7pn+f11rdEs6ijDGZzDJXhwAw1oQgvawEDBM7zCm2OcF+fd+ViOlpxi5xT+wPn8AbYZkPI=</latexit><latexit sha1_base64="y6UIlSXRZgD9e27DiUCwLf/y8P0=">AAAB8XicbVDLSsNAFL2pr1pfVZduBovgqiQi6LLgpssK9oFtKJPppB06mYSZG6GE/oUbF4q49W/c+TdO2iy09cDA4Zx7mXNPkEhh0HW/ndLG5tb2Tnm3srd/cHhUPT7pmDjVjLdZLGPdC6jhUijeRoGS9xLNaRRI3g2md7nffeLaiFg94CzhfkTHSoSCUbTS4yCiOAnCrDkfVmtu3V2ArBOvIDUo0BpWvwajmKURV8gkNabvuQn6GdUomOTzyiA1PKFsSse8b6miETd+tkg8JxdWGZEw1vYpJAv190ZGI2NmUWAn84Rm1cvF/7x+iuGtnwmVpMgVW34UppJgTPLzyUhozlDOLKFMC5uVsAnVlKEtqWJL8FZPXiedq7pn+f11rdEs6ijDGZzDJXhwAw1oQgvawEDBM7zCm2OcF+fd+ViOlpxi5xT+wPn8AbYZkPI=</latexit>

F
<latexit sha1_base64="DjHvM7ny/jrW2XPIMsT/hfgzCGE=">AAAB8XicbVDLSsNAFL3xWeur6tLNYBFclUQEXRYE6bKCfWAbymR60w6dTMLMRCihf+HGhSJu/Rt3/o2TNgttPTBwOOde5twTJIJr47rfztr6xubWdmmnvLu3f3BYOTpu6zhVDFssFrHqBlSj4BJbhhuB3UQhjQKBnWBym/udJ1Sax/LBTBP0IzqSPOSMGis99iNqxkGY3c0Glapbc+cgq8QrSBUKNAeVr/4wZmmE0jBBte55bmL8jCrDmcBZuZ9qTCib0BH2LJU0Qu1n88Qzcm6VIQljZZ80ZK7+3shopPU0CuxknlAve7n4n9dLTXjjZ1wmqUHJFh+FqSAmJvn5ZMgVMiOmllCmuM1K2JgqyowtqWxL8JZPXiXty5pn+f1Vtd4o6ijBKZzBBXhwDXVoQBNawEDCM7zCm6OdF+fd+ViMrjnFzgn8gfP5A7MPkPA=</latexit><latexit sha1_base64="DjHvM7ny/jrW2XPIMsT/hfgzCGE=">AAAB8XicbVDLSsNAFL3xWeur6tLNYBFclUQEXRYE6bKCfWAbymR60w6dTMLMRCihf+HGhSJu/Rt3/o2TNgttPTBwOOde5twTJIJr47rfztr6xubWdmmnvLu3f3BYOTpu6zhVDFssFrHqBlSj4BJbhhuB3UQhjQKBnWBym/udJ1Sax/LBTBP0IzqSPOSMGis99iNqxkGY3c0Glapbc+cgq8QrSBUKNAeVr/4wZmmE0jBBte55bmL8jCrDmcBZuZ9qTCib0BH2LJU0Qu1n88Qzcm6VIQljZZ80ZK7+3shopPU0CuxknlAve7n4n9dLTXjjZ1wmqUHJFh+FqSAmJvn5ZMgVMiOmllCmuM1K2JgqyowtqWxL8JZPXiXty5pn+f1Vtd4o6ijBKZzBBXhwDXVoQBNawEDCM7zCm6OdF+fd+ViMrjnFzgn8gfP5A7MPkPA=</latexit><latexit sha1_base64="DjHvM7ny/jrW2XPIMsT/hfgzCGE=">AAAB8XicbVDLSsNAFL3xWeur6tLNYBFclUQEXRYE6bKCfWAbymR60w6dTMLMRCihf+HGhSJu/Rt3/o2TNgttPTBwOOde5twTJIJr47rfztr6xubWdmmnvLu3f3BYOTpu6zhVDFssFrHqBlSj4BJbhhuB3UQhjQKBnWBym/udJ1Sax/LBTBP0IzqSPOSMGis99iNqxkGY3c0Glapbc+cgq8QrSBUKNAeVr/4wZmmE0jBBte55bmL8jCrDmcBZuZ9qTCib0BH2LJU0Qu1n88Qzcm6VIQljZZ80ZK7+3shopPU0CuxknlAve7n4n9dLTXjjZ1wmqUHJFh+FqSAmJvn5ZMgVMiOmllCmuM1K2JgqyowtqWxL8JZPXiXty5pn+f1Vtd4o6ijBKZzBBXhwDXVoQBNawEDCM7zCm6OdF+fd+ViMrjnFzgn8gfP5A7MPkPA=</latexit><latexit sha1_base64="DjHvM7ny/jrW2XPIMsT/hfgzCGE=">AAAB8XicbVDLSsNAFL3xWeur6tLNYBFclUQEXRYE6bKCfWAbymR60w6dTMLMRCihf+HGhSJu/Rt3/o2TNgttPTBwOOde5twTJIJr47rfztr6xubWdmmnvLu3f3BYOTpu6zhVDFssFrHqBlSj4BJbhhuB3UQhjQKBnWBym/udJ1Sax/LBTBP0IzqSPOSMGis99iNqxkGY3c0Glapbc+cgq8QrSBUKNAeVr/4wZmmE0jBBte55bmL8jCrDmcBZuZ9qTCib0BH2LJU0Qu1n88Qzcm6VIQljZZ80ZK7+3shopPU0CuxknlAve7n4n9dLTXjjZ1wmqUHJFh+FqSAmJvn5ZMgVMiOmllCmuM1K2JgqyowtqWxL8JZPXiXty5pn+f1Vtd4o6ijBKZzBBXhwDXVoQBNawEDCM7zCm6OdF+fd+ViMrjnFzgn8gfP5A7MPkPA=</latexit>

O0
<latexit sha1_base64="7PL7BtpLBdAuEVmh0UrSBv+0Mys=">AAAB8nicbVDLSsNAFL3xWeur6tLNYBFdlUQEXRbcdGcF+4A2lMl00g6dTMLMjVBCP8ONC0Xc+jXu/BsnbRbaemDgcM69zLknSKQw6Lrfztr6xubWdmmnvLu3f3BYOTpumzjVjLdYLGPdDajhUijeQoGSdxPNaRRI3gkmd7nfeeLaiFg94jThfkRHSoSCUbRSrx9RHAdhdn8xG1Sqbs2dg6wSryBVKNAcVL76w5ilEVfIJDWm57kJ+hnVKJjks3I/NTyhbEJHvGepohE3fjaPPCPnVhmSMNb2KSRz9fdGRiNjplFgJ/OIZtnLxf+8XorhrZ8JlaTIFVt8 FKaSYEzy+8lQaM5QTi2hTAublbAx1ZShbalsS/CWT14l7auaZ/nDdbXeKOoowSmcwSV4cAN1aEATWsAghmd4hTcHnRfn3flYjK45xc4J/IHz+QMknJEq</latexit><latexit sha1_base64="7PL7BtpLBdAuEVmh0UrSBv+0Mys=">AAAB8nicbVDLSsNAFL3xWeur6tLNYBFdlUQEXRbcdGcF+4A2lMl00g6dTMLMjVBCP8ONC0Xc+jXu/BsnbRbaemDgcM69zLknSKQw6Lrfztr6xubWdmmnvLu3f3BYOTpumzjVjLdYLGPdDajhUijeQoGSdxPNaRRI3gkmd7nfeeLaiFg94jThfkRHSoSCUbRSrx9RHAdhdn8xG1Sqbs2dg6wSryBVKNAcVL76w5ilEVfIJDWm57kJ+hnVKJjks3I/NTyhbEJHvGepohE3fjaPPCPnVhmSMNb2KSRz9fdGRiNjplFgJ/OIZtnLxf+8XorhrZ8JlaTIFVt8 FKaSYEzy+8lQaM5QTi2hTAublbAx1ZShbalsS/CWT14l7auaZ/nDdbXeKOoowSmcwSV4cAN1aEATWsAghmd4hTcHnRfn3flYjK45xc4J/IHz+QMknJEq</latexit><latexit sha1_base64="7PL7BtpLBdAuEVmh0UrSBv+0Mys=">AAAB8nicbVDLSsNAFL3xWeur6tLNYBFdlUQEXRbcdGcF+4A2lMl00g6dTMLMjVBCP8ONC0Xc+jXu/BsnbRbaemDgcM69zLknSKQw6Lrfztr6xubWdmmnvLu3f3BYOTpumzjVjLdYLGPdDajhUijeQoGSdxPNaRRI3gkmd7nfeeLaiFg94jThfkRHSoSCUbRSrx9RHAdhdn8xG1Sqbs2dg6wSryBVKNAcVL76w5ilEVfIJDWm57kJ+hnVKJjks3I/NTyhbEJHvGepohE3fjaPPCPnVhmSMNb2KSRz9fdGRiNjplFgJ/OIZtnLxf+8XorhrZ8JlaTIFVt8 FKaSYEzy+8lQaM5QTi2hTAublbAx1ZShbalsS/CWT14l7auaZ/nDdbXeKOoowSmcwSV4cAN1aEATWsAghmd4hTcHnRfn3flYjK45xc4J/IHz+QMknJEq</latexit><latexit sha1_base64="7PL7BtpLBdAuEVmh0UrSBv+0Mys=">AAAB8nicbVDLSsNAFL3xWeur6tLNYBFdlUQEXRbcdGcF+4A2lMl00g6dTMLMjVBCP8ONC0Xc+jXu/BsnbRbaemDgcM69zLknSKQw6Lrfztr6xubWdmmnvLu3f3BYOTpumzjVjLdYLGPdDajhUijeQoGSdxPNaRRI3gkmd7nfeeLaiFg94jThfkRHSoSCUbRSrx9RHAdhdn8xG1Sqbs2dg6wSryBVKNAcVL76w5ilEVfIJDWm57kJ+hnVKJjks3I/NTyhbEJHvGepohE3fjaPPCPnVhmSMNb2KSRz9fdGRiNjplFgJ/OIZtnLxf+8XorhrZ8JlaTIFVt8 FKaSYEzy+8lQaM5QTi2hTAublbAx1ZShbalsS/CWT14l7auaZ/nDdbXeKOoowSmcwSV4cAN1aEATWsAghmd4hTcHnRfn3flYjK45xc4J/IHz+QMknJEq</latexit>

Q(zr|O)
<latexit sha1_base64="FM+7Z3pMnmXZoffo36+hCgcTyLQ=">AAACA3icbVDLSsNAFL3xWesr6k43g0Wom5KIoMuCm+5swT6gDWEynbRDJw9mJkKNBTf+ihsXirj1J9z5N07aCNp6YODMOfdy7z1ezJlUlvVlLC2vrK6tFzaKm1vbO7vm3n5LRokgtEkiHomOhyXlLKRNxRSnnVhQHHictr3RVea3b6mQLApv1DimToAHIfMZwUpLrnnYKPcCrIaen95NXHH/87menLpmyapYU6BFYuekBDnqrvnZ60ckCWioCMdSdm0rVk6KhWKE00mxl0gaYzLCA9rVNMQBlU46vWGCTrTSR34k9AsVmqq/O1IcSDkOPF2ZrSjnvUz8z+smyr90UhbGiaIhmQ3yE45UhLJAUJ8JShQfa4KJYHpXRIZYYKJ0bEUdgj1/8iJpnVVszRvnpWotj6MAR3AMZbDhAqpQgzo0gcADPMELvBqPxrPxZrzPSpeMvOcA/sD4+AZXB5f5</latexit><latexit sha1_base64="FM+7Z3pMnmXZoffo36+hCgcTyLQ=">AAACA3icbVDLSsNAFL3xWesr6k43g0Wom5KIoMuCm+5swT6gDWEynbRDJw9mJkKNBTf+ihsXirj1J9z5N07aCNp6YODMOfdy7z1ezJlUlvVlLC2vrK6tFzaKm1vbO7vm3n5LRokgtEkiHomOhyXlLKRNxRSnnVhQHHictr3RVea3b6mQLApv1DimToAHIfMZwUpLrnnYKPcCrIaen95NXHH/87menLpmyapYU6BFYuekBDnqrvnZ60ckCWioCMdSdm0rVk6KhWKE00mxl0gaYzLCA9rVNMQBlU46vWGCTrTSR34k9AsVmqq/O1IcSDkOPF2ZrSjnvUz8z+smyr90UhbGiaIhmQ3yE45UhLJAUJ8JShQfa4KJYHpXRIZYYKJ0bEUdgj1/8iJpnVVszRvnpWotj6MAR3AMZbDhAqpQgzo0gcADPMELvBqPxrPxZrzPSpeMvOcA/sD4+AZXB5f5</latexit><latexit sha1_base64="FM+7Z3pMnmXZoffo36+hCgcTyLQ=">AAACA3icbVDLSsNAFL3xWesr6k43g0Wom5KIoMuCm+5swT6gDWEynbRDJw9mJkKNBTf+ihsXirj1J9z5N07aCNp6YODMOfdy7z1ezJlUlvVlLC2vrK6tFzaKm1vbO7vm3n5LRokgtEkiHomOhyXlLKRNxRSnnVhQHHictr3RVea3b6mQLApv1DimToAHIfMZwUpLrnnYKPcCrIaen95NXHH/87menLpmyapYU6BFYuekBDnqrvnZ60ckCWioCMdSdm0rVk6KhWKE00mxl0gaYzLCA9rVNMQBlU46vWGCTrTSR34k9AsVmqq/O1IcSDkOPF2ZrSjnvUz8z+smyr90UhbGiaIhmQ3yE45UhLJAUJ8JShQfa4KJYHpXRIZYYKJ0bEUdgj1/8iJpnVVszRvnpWotj6MAR3AMZbDhAqpQgzo0gcADPMELvBqPxrPxZrzPSpeMvOcA/sD4+AZXB5f5</latexit><latexit sha1_base64="FM+7Z3pMnmXZoffo36+hCgcTyLQ=">AAACA3icbVDLSsNAFL3xWesr6k43g0Wom5KIoMuCm+5swT6gDWEynbRDJw9mJkKNBTf+ihsXirj1J9z5N07aCNp6YODMOfdy7z1ezJlUlvVlLC2vrK6tFzaKm1vbO7vm3n5LRokgtEkiHomOhyXlLKRNxRSnnVhQHHictr3RVea3b6mQLApv1DimToAHIfMZwUpLrnnYKPcCrIaen95NXHH/87menLpmyapYU6BFYuekBDnqrvnZ60ckCWioCMdSdm0rVk6KhWKE00mxl0gaYzLCA9rVNMQBlU46vWGCTrTSR34k9AsVmqq/O1IcSDkOPF2ZrSjnvUz8z+smyr90UhbGiaIhmQ3yE45UhLJAUJ8JShQfa4KJYHpXRIZYYKJ0bEUdgj1/8iJpnVVszRvnpWotj6MAR3AMZbDhAqpQgzo0gcADPMELvBqPxrPxZrzPSpeMvOcA/sD4+AZXB5f5</latexit>

N (zs)
<latexit sha1_base64="aFI9omamBr3NhJr/u/zMDVmIEgc=">AAACAnicbZDLSsNAFIZP6q3WW9SVuAkWoW5KIoIuC266kgr2Am0Ik+mkHTqZhJmJUENx46u4caGIW5/CnW/jJM1CW38Y+PjPOcw5vx8zKpVtfxulldW19Y3yZmVre2d3z9w/6MgoEZi0ccQi0fORJIxy0lZUMdKLBUGhz0jXn1xn9e49EZJG/E5NY+KGaMRpQDFS2vLMo0GI1Bgjlt7Majn7Qfow8+SZZ1btup3LWgangCoUannm12AY4SQkXGGGpOw7dqzcFAlFMSOzyiCRJEZ4gkakr5GjkEg3zU+YWafaGVpBJPTjysrd3xMpCqWchr7uzJaUi7XM/K/WT1Rw5aaUx4kiHM8/ChJmqcjK8rCGVBCs2FQDwoLqXS08RgJhpVOr6BCcxZOXoXNedzTfXlQbzSKOMhzDCdTAgUtoQBNa0AYMj/AMr/BmPBkvxrvxMW8tGcXMIfyR8fkDkLeXig==</latexit><latexit sha1_base64="aFI9omamBr3NhJr/u/zMDVmIEgc=">AAACAnicbZDLSsNAFIZP6q3WW9SVuAkWoW5KIoIuC266kgr2Am0Ik+mkHTqZhJmJUENx46u4caGIW5/CnW/jJM1CW38Y+PjPOcw5vx8zKpVtfxulldW19Y3yZmVre2d3z9w/6MgoEZi0ccQi0fORJIxy0lZUMdKLBUGhz0jXn1xn9e49EZJG/E5NY+KGaMRpQDFS2vLMo0GI1Bgjlt7Majn7Qfow8+SZZ1btup3LWgangCoUannm12AY4SQkXGGGpOw7dqzcFAlFMSOzyiCRJEZ4gkakr5GjkEg3zU+YWafaGVpBJPTjysrd3xMpCqWchr7uzJaUi7XM/K/WT1Rw5aaUx4kiHM8/ChJmqcjK8rCGVBCs2FQDwoLqXS08RgJhpVOr6BCcxZOXoXNedzTfXlQbzSKOMhzDCdTAgUtoQBNa0AYMj/AMr/BmPBkvxrvxMW8tGcXMIfyR8fkDkLeXig==</latexit><latexit sha1_base64="aFI9omamBr3NhJr/u/zMDVmIEgc=">AAACAnicbZDLSsNAFIZP6q3WW9SVuAkWoW5KIoIuC266kgr2Am0Ik+mkHTqZhJmJUENx46u4caGIW5/CnW/jJM1CW38Y+PjPOcw5vx8zKpVtfxulldW19Y3yZmVre2d3z9w/6MgoEZi0ccQi0fORJIxy0lZUMdKLBUGhz0jXn1xn9e49EZJG/E5NY+KGaMRpQDFS2vLMo0GI1Bgjlt7Majn7Qfow8+SZZ1btup3LWgangCoUannm12AY4SQkXGGGpOw7dqzcFAlFMSOzyiCRJEZ4gkakr5GjkEg3zU+YWafaGVpBJPTjysrd3xMpCqWchr7uzJaUi7XM/K/WT1Rw5aaUx4kiHM8/ChJmqcjK8rCGVBCs2FQDwoLqXS08RgJhpVOr6BCcxZOXoXNedzTfXlQbzSKOMhzDCdTAgUtoQBNa0AYMj/AMr/BmPBkvxrvxMW8tGcXMIfyR8fkDkLeXig==</latexit><latexit sha1_base64="aFI9omamBr3NhJr/u/zMDVmIEgc=">AAACAnicbZDLSsNAFIZP6q3WW9SVuAkWoW5KIoIuC266kgr2Am0Ik+mkHTqZhJmJUENx46u4caGIW5/CnW/jJM1CW38Y+PjPOcw5vx8zKpVtfxulldW19Y3yZmVre2d3z9w/6MgoEZi0ccQi0fORJIxy0lZUMdKLBUGhz0jXn1xn9e49EZJG/E5NY+KGaMRpQDFS2vLMo0GI1Bgjlt7Majn7Qfow8+SZZ1btup3LWgangCoUannm12AY4SQkXGGGpOw7dqzcFAlFMSOzyiCRJEZ4gkakr5GjkEg3zU+YWafaGVpBJPTjysrd3xMpCqWchr7uzJaUi7XM/K/WT1Rw5aaUx4kiHM8/ChJmqcjK8rCGVBCs2FQDwoLqXS08RgJhpVOr6BCcxZOXoXNedzTfXlQbzSKOMhzDCdTAgUtoQBNa0AYMj/AMr/BmPBkvxrvxMW8tGcXMIfyR8fkDkLeXig==</latexit>

z0s
<latexit sha1_base64="0uhKPJ+b+Hqcn8snvWfYmJ3J2b8=">AAAB9HicbVDLSgMxFL3js9ZX1aWbYBFdlRkRdFl047KCfUA7lEyaaUMzmTG5U6hDv8ONC0Xc+jHu/BszbRfaeiBwOOde7skJEikMuu63s7K6tr6xWdgqbu/s7u2XDg4bJk4143UWy1i3Amq4FIrXUaDkrURzGgWSN4Phbe43R1wbEasHHCfcj2hfiVAwilbyOxHFQRBmT5OuOeuWym7FnYIsE29OyjBHrVv66vRilkZcIZPUmLbnJuhnVKNgkk+KndTwhLIh7fO2pYpG3PjZNPSEnFqlR8JY26eQTNXfGxmNjBlHgZ3MQ5pFLxf/89ophtd+JlSSIldsdihMJcGY5A2QntCcoRxbQpkWNithA6opQ9tT0ZbgLX55mTQuKp7l95fl6s28jgIcwwmcgwdXUIU7qEEdGDzCM7zCmzNyXpx352M2uuLMd47gD5zPH/agkjU=</latexit><latexit sha1_base64="0uhKPJ+b+Hqcn8snvWfYmJ3J2b8=">AAAB9HicbVDLSgMxFL3js9ZX1aWbYBFdlRkRdFl047KCfUA7lEyaaUMzmTG5U6hDv8ONC0Xc+jHu/BszbRfaeiBwOOde7skJEikMuu63s7K6tr6xWdgqbu/s7u2XDg4bJk4143UWy1i3Amq4FIrXUaDkrURzGgWSN4Phbe43R1wbEasHHCfcj2hfiVAwilbyOxHFQRBmT5OuOeuWym7FnYIsE29OyjBHrVv66vRilkZcIZPUmLbnJuhnVKNgkk+KndTwhLIh7fO2pYpG3PjZNPSEnFqlR8JY26eQTNXfGxmNjBlHgZ3MQ5pFLxf/89ophtd+JlSSIldsdihMJcGY5A2QntCcoRxbQpkWNithA6opQ9tT0ZbgLX55mTQuKp7l95fl6s28jgIcwwmcgwdXUIU7qEEdGDzCM7zCmzNyXpx352M2uuLMd47gD5zPH/agkjU=</latexit><latexit sha1_base64="0uhKPJ+b+Hqcn8snvWfYmJ3J2b8=">AAAB9HicbVDLSgMxFL3js9ZX1aWbYBFdlRkRdFl047KCfUA7lEyaaUMzmTG5U6hDv8ONC0Xc+jHu/BszbRfaeiBwOOde7skJEikMuu63s7K6tr6xWdgqbu/s7u2XDg4bJk4143UWy1i3Amq4FIrXUaDkrURzGgWSN4Phbe43R1wbEasHHCfcj2hfiVAwilbyOxHFQRBmT5OuOeuWym7FnYIsE29OyjBHrVv66vRilkZcIZPUmLbnJuhnVKNgkk+KndTwhLIh7fO2pYpG3PjZNPSEnFqlR8JY26eQTNXfGxmNjBlHgZ3MQ5pFLxf/89ophtd+JlSSIldsdihMJcGY5A2QntCcoRxbQpkWNithA6opQ9tT0ZbgLX55mTQuKp7l95fl6s28jgIcwwmcgwdXUIU7qEEdGDzCM7zCmzNyXpx352M2uuLMd47gD5zPH/agkjU=</latexit><latexit sha1_base64="0uhKPJ+b+Hqcn8snvWfYmJ3J2b8=">AAAB9HicbVDLSgMxFL3js9ZX1aWbYBFdlRkRdFl047KCfUA7lEyaaUMzmTG5U6hDv8ONC0Xc+jHu/BszbRfaeiBwOOde7skJEikMuu63s7K6tr6xWdgqbu/s7u2XDg4bJk4143UWy1i3Amq4FIrXUaDkrURzGgWSN4Phbe43R1wbEasHHCfcj2hfiVAwilbyOxHFQRBmT5OuOeuWym7FnYIsE29OyjBHrVv66vRilkZcIZPUmLbnJuhnVKNgkk+KndTwhLIh7fO2pYpG3PjZNPSEnFqlR8JY26eQTNXfGxmNjBlHgZ3MQ5pFLxf/89ophtd+JlSSIldsdihMJcGY5A2QntCcoRxbQpkWNithA6opQ9tT0ZbgLX55mTQuKp7l95fl6s28jgIcwwmcgwdXUIU7qEEdGDzCM7zCmzNyXpx352M2uuLMd47gD5zPH/agkjU=</latexit>

I
<latexit sha1_base64="tQM5RlddL0FaWu4rnjk+IbpMa70=">AAAB8XicbVBNS8NAFHypX7V+VT16WSyCp5KIoMeiF71VsLXYhrLZvrRLN5uwuxFK6L/w4kERr/4bb/4bN20O2jqwMMy8x86bIBFcG9f9dkorq2vrG+XNytb2zu5edf+greNUMWyxWMSqE1CNgktsGW4EdhKFNAoEPgTj69x/eEKleSzvzSRBP6JDyUPOqLHSYy+iZhSE2e20X625dXcGsky8gtSgQLNf/eoNYpZGKA0TVOuu5ybGz6gynAmcVnqpxoSyMR1i11JJI9R+Nks8JSdWGZAwVvZJQ2bq742MRlpPosBO5gn1opeL/3nd1ISXfsZlkhqUbP5RmApiYpKfTwZcITNiYgllitushI2ooszYkiq2BG/x5GXSPqt7lt+d1xpXRR1lOIJjOAUPLqABN9CEFjCQ8Ayv8OZo58V5dz7moyWn2DmEP3A+fwC10JDt</latexit><latexit sha1_base64="tQM5RlddL0FaWu4rnjk+IbpMa70=">AAAB8XicbVBNS8NAFHypX7V+VT16WSyCp5KIoMeiF71VsLXYhrLZvrRLN5uwuxFK6L/w4kERr/4bb/4bN20O2jqwMMy8x86bIBFcG9f9dkorq2vrG+XNytb2zu5edf+greNUMWyxWMSqE1CNgktsGW4EdhKFNAoEPgTj69x/eEKleSzvzSRBP6JDyUPOqLHSYy+iZhSE2e20X625dXcGsky8gtSgQLNf/eoNYpZGKA0TVOuu5ybGz6gynAmcVnqpxoSyMR1i11JJI9R+Nks8JSdWGZAwVvZJQ2bq742MRlpPosBO5gn1opeL/3nd1ISXfsZlkhqUbP5RmApiYpKfTwZcITNiYgllitushI2ooszYkiq2BG/x5GXSPqt7lt+d1xpXRR1lOIJjOAUPLqABN9CEFjCQ8Ayv8OZo58V5dz7moyWn2DmEP3A+fwC10JDt</latexit><latexit sha1_base64="tQM5RlddL0FaWu4rnjk+IbpMa70=">AAAB8XicbVBNS8NAFHypX7V+VT16WSyCp5KIoMeiF71VsLXYhrLZvrRLN5uwuxFK6L/w4kERr/4bb/4bN20O2jqwMMy8x86bIBFcG9f9dkorq2vrG+XNytb2zu5edf+greNUMWyxWMSqE1CNgktsGW4EdhKFNAoEPgTj69x/eEKleSzvzSRBP6JDyUPOqLHSYy+iZhSE2e20X625dXcGsky8gtSgQLNf/eoNYpZGKA0TVOuu5ybGz6gynAmcVnqpxoSyMR1i11JJI9R+Nks8JSdWGZAwVvZJQ2bq742MRlpPosBO5gn1opeL/3nd1ISXfsZlkhqUbP5RmApiYpKfTwZcITNiYgllitushI2ooszYkiq2BG/x5GXSPqt7lt+d1xpXRR1lOIJjOAUPLqABN9CEFjCQ8Ayv8OZo58V5dz7moyWn2DmEP3A+fwC10JDt</latexit><latexit sha1_base64="tQM5RlddL0FaWu4rnjk+IbpMa70=">AAAB8XicbVBNS8NAFHypX7V+VT16WSyCp5KIoMeiF71VsLXYhrLZvrRLN5uwuxFK6L/w4kERr/4bb/4bN20O2jqwMMy8x86bIBFcG9f9dkorq2vrG+XNytb2zu5edf+greNUMWyxWMSqE1CNgktsGW4EdhKFNAoEPgTj69x/eEKleSzvzSRBP6JDyUPOqLHSYy+iZhSE2e20X625dXcGsky8gtSgQLNf/eoNYpZGKA0TVOuu5ybGz6gynAmcVnqpxoSyMR1i11JJI9R+Nks8JSdWGZAwVvZJQ2bq742MRlpPosBO5gn1opeL/3nd1ISXfsZlkhqUbP5RmApiYpKfTwZcITNiYgllitushI2ooszYkiq2BG/x5GXSPqt7lt+d1xpXRR1lOIJjOAUPLqABN9CEFjCQ8Ayv8OZo58V5dz7moyWn2DmEP3A+fwC10JDt</latexit>

giraffe

giraffe

tree

[ B. Zhao, L. Meng, W. Yin, L. Sigal, accepted to CVPR’19 ]



Midterm Overview 
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Shown in opposite 
order for space

Slide Credit: Ioannis (Yannis) Gkioulekas (CMU)

Lecture 11: Re-cap — Laplacian vs. Gaussian Pyramids
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Forsyth & Ponce (1st ed.) Figure 9.14

Oriental Filters

Lecture 11: Re-cap — Oriented Pyramids
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Forsyth & Ponce (1st ed.) Figure 9.13

Lecture 11: Re-cap — Oriented Pyramids



Steps: 

1. Form a Laplacian and oriented pyramid (or equivalent set of responses to 
filters at different scales and orientations) 

2. Square the output (makes values positive)  

3. Average responses over a neighborhood by blurring with a Gaussian  

4. Take statistics of responses 
— Mean of each filter output 
— Possibly standard deviation of each filter  

17

Lecture 11: Re-cap — Texture Representation



Overview: Image Formation, Cameras and Lenses

The image formation process that produces a particular image depends on 
— Lightening condition 
— Scene geometry 
— Surface properties  
— Camera optics 

Sensor (or eye) captures amount of light reflected from the object

source

surface 
element

normal

sensor

eye
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Colour 

— Light is produced in different amounts at 
different wavelengths by each light source  

— Light is differentially reflected at each 
wavelength, which gives objects their natural 
colour (surface albedo)  

— The sensation of colour is determined by the 
human visual system, based on the product of 
light and reflectance  

19



Relative Spectral Power of Two Illuminants 

20

Sunlight

Incandescent  
Light Bulb

Forsyth & Ponce (2nd ed.) Figure 3.4

Relative spectral power plotted against wavelength in nm



(small) Graphics Review

(✓i,�i)(✓r,�r)

source

surface 
element

normal sensor

(✓v,�v) = (✓r,�r)

Surface reflection depends on both the viewing              and illumination 
direction, with Bidirectional Reflection Distribution Function: 

(✓i,�i)(✓r,�r)
BRDF(✓i,�i, ✓v,�v) =

⇢d
⇡

(✓v,�v) = (✓r,�r)

BRDF(✓i,�i, ✓v,�v) =
⇢d
⇡

constant, called albedo

Lambertian surface: 

Slide adopted from: Ioannis (Yannis) Gkioulekas (CMU)21



Spectral Albedo of Natural Surfaces

22
Forsyth & Ponce (2nd ed.) Figure 3.6



Colour Appearance 

Reflected light at each wavelength is the product of illumination and surface 
reflectance at that wavelength  

Surface reflectance often is modeled as having two components:  
— Lambertian reflectance: equal in all directions (diffuse) 
— Specular reflectance: mirror reflectance (shiny spots) 
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Surface reflection depends on both the viewing              and illumination 
direction, with Bidirectional Reflection Distribution Function: 

(small) Graphics Review
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element
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(✓i,�i)(✓r,�r)
BRDF(✓i,�i, ✓v,�v) =
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⇡

(✓v,�v) = (✓r,�r)

(✓v,�v) = (✓r,�r)

BRDF(✓i,�i, ✓v,�v) =
⇢d
⇡

Lambertian surface: 

Slide adopted from: Ioannis (Yannis) Gkioulekas (CMU)

L =
⇢d
⇡
I(~i · ~n)
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Surface reflection depends on both the viewing              and illumination 
direction, with Bidirectional Reflection Distribution Function: 

(small) Graphics Review
(✓i,�i)(✓r,�r)

Lambertian surface: 

BRDF(✓i,�i, ✓v,�v) =
⇢d
⇡

(✓v,�v) = (✓r,�r)

BRDF(✓i,�i, ✓v,�v) =
⇢d
⇡

(✓i,�i)(✓r,�r)

source

surface 
element

normal sensor

(✓i,�i)(✓r,�r)

(✓v,�v) = (✓r,�r)

(✓v,�v) = (✓r,�r)Mirror surface: all incident light reflected in one directions 
Slide adopted from: Ioannis (Yannis) Gkioulekas (CMU)25



Color Matching Experiments

Show a split field to subjects. One side shows the light whose colour one wants 
to match. The other a weighted mixture of three primaries (fixed lights)  

26

T = w1P1 + w2P2 + w3P3

Forsyth & Ponce (2nd ed.) Figure 3.2



Recall: Color is an Artifact of Human Perception

27

“Color” is not an objective physical property of light (electromagnetic radiation). 
Instead, light is characterized by its wavelength.

What we call “color” is how we 
subjectively perceive a very small 

range of these wavelengths.

electromagnetic 
spectrum

Slide Credit: Ioannis (Yannis) Gkioulekas (CMU)



Color Matching Experiments

Show a split field to subjects. One side shows the light whose colour one wants 
to match. The other a weighted mixture of three primaries (fixed lights)  

28

T = w1P1 + w2P2 + w3P3

Forsyth & Ponce (2nd ed.) Figure 3.2

Test Light
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Color Matching Experiments

Figure Credit: Brian Wandell, Foundations of Vision,  
Sinauer Associates, 1995 



Example 1: Color Matching Experiment

30
Example Credit: Bill Freeman

knobs here



Example 1: Color Matching Experiment
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Example Credit: Bill Freeman
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Example 1: Color Matching Experiment
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Example Credit: Bill Freeman

knobs here



Example 1: Color Matching Experiment
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Example Credit: Bill Freeman

knobs here

T = w1P1 + w2P2 + w3P3

w1

w2 w3



34

Example 2: Color Matching Experiment

Example Credit: Bill Freeman
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Example 2: Color Matching Experiment

Example Credit: Bill Freeman
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Example 2: Color Matching Experiment

Example Credit: Bill Freeman
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Example 2: Color Matching Experiment

Example Credit: Bill Freeman
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Example 2: Color Matching Experiment

Example Credit: Bill Freeman

We say a “negative” 
amount of       was 
needed to make a 
match , because 
we added it to the test 
color side

P2
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Example 2: Color Matching Experiment

Example Credit: Bill Freeman

We say a “negative” 
amount of       was 
needed to make a 
match , because 
we added it to the test 
color side

P2

The primary color amount 
needed to match: 



— Many colours can be represented as a positive weighted sum of A, B, C  

— Write  

where the = sign should be read as “matches”  

— This is additive matching  

— Defines a colour description system 
      — two people who agree on A, B, C need only supply (a, b, c) 

40

Color Matching Experiments

M = aA+ bB + cC



— Some colours can’t be matched this way  

— Instead, we must write  

 
where, again, the = sign should be read as “matches”  

— This is subtractive matching  

— Interpret this as (−a, b, c)  

41

M + aA = bB + cC

Color Matching Experiments



— Some colours can’t be matched this way  

— Instead, we must write  

 
where, again, the = sign should be read as “matches”  

— This is subtractive matching  

— Interpret this as (−a, b, c)  

Problem for designing displays: Choose phosphors R, G, B so that positive 
linear combinations match a large set of colours 
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M + aA = bB + cC

Color Matching Experiments



Principles of Trichromacy 

Experimental facts:  

Three primaries work for most people, provided we allow subtractive matching 
— Exceptional people can match with two or only one primary 
— This likely is caused by biological deficiencies  

Most people make the same matches 
— There are some anomalous trichromats, who use three primaries but match 
with different combinations  
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Human Cone Sensitivity

44

http://hyperphysics.phy-astr.gsu.edu/hbase/vision/colcon.html



Metameric Lights

45

Two lights whose spectral power distributions appear identical to most 
observers are called metamers.

(A) A tungsten bulb    (B) TV monitor set to match (A) 
Figure credit: Brian Wandell, Foundations of Vision,  
Sinauer Associates, 1995 



Grassman’s Laws

For colour matches:  
— symmetry: 
— transitivity: 
— proportionality: 
— additivity: if any two of the statements are true, then so is the third  

These statements mean that colour matching is, to an accurate approximation, 
linear. 
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U = V , V = U
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U = V and V = W ) U = W
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Representing Colour 

— Describing colours accurately is of practical importance (e.g. Manufacturers 
are willing to go to a great deal of trouble to ensure that different batches of 
their product have the same colour) 

— This requires a standard system for representing colour.  
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Linear Color Spaces

A choice of primaries yields a linear colour space 
— the coordinates of a colour are given by the weights of the primaries used to 
match it 

Choice of primaries is equivalent to choice of colour space  

— RGB: Primaries are monochromatic energies, say 645.2 nm, 526.3 nm, 
444.4 nm  

— CIE XYZ: Primaries are imaginary, but have other convenient properties. 
Colour coordinates are (X , Y , Z), where X is the amount of the X primary, etc.  
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RGB Colour Matching Functions

— Primaries monochromatic  

— Wavelengths 645.2, 526.3 and 
444.4 nm  

— Negative parts means some 
colours can be matched only 
subtractively  

49

Forsyth & Ponce (2nd ed.) Figure 3.9



RGB Color Space 
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RGB Colour Matching Functions

— Primaries monochromatic  

— Wavelengths 645.2, 526.3 and 
444.4 nm  

— Negative parts means some 
colours can be matched only 
subtractively  
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Forsyth & Ponce (2nd ed.) Figure 3.9



RGB Colour Matching Functions

CIE XYZ: Colour matching functions 
are positive everywhere, but 
primaries are imaginary. Usually 
draw x, y, where  

Overall brightness is ignored  

52

Forsyth & Ponce (2nd ed.) Figure 3.8

x = X/(X + Y + Z)
y = Y/(X + Y + Z)



Geometry of Colour (CIE)

53

— White is in the center, with 
saturation increasing towards the 
boundary  

— Mixing two coloured lights 
creates colours on a straight line  

— Mixing 3 colours creates colours 
within a triangle  

— Curved edge means there are no 
3 actual lights that can create all 
colours that humans perceive! 



Geometry of Colour (CIE)
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— White is in the center, with 
saturation increasing towards the 
boundary  

— Mixing two coloured lights 
creates colours on a straight line  

— Mixing 3 colours creates colours 
within a triangle  

— Curved edge means there are no 
3 actual lights that can create all 
colours that humans perceive! 



RGB Colour Space
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The sub-space of CIE colours that 
can be displayed on a typical 
computer monitor (phosphor 
limitations keep the space quite 
small) 



RGB Colour Space
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Adding red to the green color 
outside of the region brings it back 
to where it can be matched  by 
green and blue RGB primaries 



Uniform Colour Spaces

Usually one cannot reproduce colours exactly  

This means it is important to know whether a colour difference would be 
noticeable to a human viewer 

57



Uniform Colour Spaces

58
Forsyth & Ponce (2nd ed.) Figure 3.14

10 times actual size Actual Size

McAdam Ellipses: Each ellipse shows colours perceived to be the same 



Uniform Colour Spaces

McAdam ellipses demonstrate that differences in x , y are a poor guide to 
differences in perceived colour  

A uniform colour space is one in which differences in coordinates are a good 
guide to differences in perceived colour 
— example: CIE LAB  
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HSV Colour Space

The coordinates of a colour in a linear space like RGB or CIE XYZ may not 
necessarily...  

— encode properties that are common in language or important in applications 

— capture human intuitions about the topology of colours, e.g. hue relations 
are naturally epxressed in a circle  
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HSV Colour Space

More natural description of colour for human interpretation  

Hue: attribute that describes a pure colour  
— e.g. ’red’, ’blue’  

Saturation: measure of the degree to which a pure colour is diluted by white light  
— pure spectrum colours are fully saturated  

Value: intensity or brightness  

Hue + saturation also referred to as chromaticity.  
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HSV Colour Space

62

Gonzalez and Woods, 2008



Colour Constancy

Image colour depends on both light colour and surface colour  

Colour constancy: determine hue and saturation under different colours of 
lighting  

It is surprisingly difficult to predict what colours a human will perceive in a 
complex scene 
— depends on context, other scene information  

Humans can usually perceive 
— the colour a surface would have under white light 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Colour Constancy

A classic experiment by Land and McCann 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Environmental Effects

Chromatic adaptation: If the human visual system is exposed to a certain 
colour light for a while, colour perception starts to skew  

Contrast effects: Nearby colours affect what is perceived  
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Summary
— Approaches to texture exploit pyramid (i.e. scaled) and oriented representations  
— Human colour perception 
         — colour matching experiments 
         — additive and subtractive matching  
         — principle of trichromacy  
— RGB and CIE XYZ are linear colour spaces  
— Uniform colour space: differences in coordinates are a good guide to 
differences in perceived colour  
— HSV colour space: more intuitive description of colour for human interpretation  
— (Human) colour constancy: perception of intrinsic surface colour under different 
colours of lighting 
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